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摘要：The nonlinear Schr\"odinger equation (NLS) posed on a
compact Riemannian manifold has a rich mathematical flavor and
involves deep areas in analysis, geometry and number theory. In
this talk I will present general multi-linear multi-parameter bounds
of eigenfunctions of the Laplace--Beltrami operator on compact
product manifolds, which through multi-linear Strichartz estimates
can be applied to well-posedness of NLS on certain compact
product manifolds such as a product of spheres. The proof of these
results is a generalization of previous approaches pioneered by
Burq--G\'erard--Tzvetkov and Herr--Tataru--Tzvetkov. Many
questions are still open: for example, is the cubic NLS posed on the
product of a four-dimensional sphere and a circle locally well-posed
at critical regularity?
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